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Although several authors, including Dieudonné [l], Hochschild [3] , Nakayama
[S], Rosenberg and Zelinsky [9] , and Jacobson [4] , have worked on the Galois theory of simple rings with chain conditions, much of their work is concerned with 1-1 correspondences between groups of automorphisms of a simple ring and Galois subrings. Very little, however, has been done towards classifying those subrings of a simple ring which are Galois. Jacobson [4] gives a condition due to Nakayama for a weakly Galois completely reducible subring to be Galois. In this paper we give a sufficient condition for a non-necessarily completely reducible weakly Galois subring to be Galois. Our result overlaps Nakayama's but does not properly contain his. Throughout this paper we shall use the following notations: A, a division ring finite dimensional over its center T, T?iGF(2); M, a finitely generated A-module; L = HomA(Af, M); R, a subring of L containing V. We assume that M as a module over any ring considered is a left-module.
Since M is a finite dimensional vector space over A, it is also a finite dimensional vector space over T. Thus Homr(M, M) can be regarded in the usual way as a finitely generated algebra over T. And since the rings 7?, A, T, L, and AT? are contained in Homr(M, M), they are all finite dimensional over V and thus all these rings satisfy all the chain conditions and M is a finitely generated module over each of them. Lemma l.2 7/ A is a division ring finite dimensional over its center V, if R is any Y-algebra and if M is an (R®A)-module which is injective as an R-module, then M is also injective as an (R® A)-module.
Proof. This follows immediately from [2, Proposition 2, p. 74], which asserts 1. inj. dimjj®A M ^dim A + l. inj. dim« M, because dim A = 0 since A is separable over Y and 1. inj. dim. is zero wherever the module is injective and conversely.
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